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and  non-crossing  paths 

(2)

IMSc 
3  March   2016



from  the  previous  lecture



















  Jacobi  identities 
for 

Schur  functions























  Jacobi  identities 
for 

skew  Schur  functions



















Duality

(the  idea  of  duality  in paths)





















TASEP 
and 

MacMahon-Narayana-Kreweras   
determinants















Kreweras   determinants 





computing  the  coefficients  

b
kλ   k

with  Hankel  determinants  of  moments

orthogonal  polynomials

























    Tilings



tiling in Kuperberg’ s bathroom



number  of  tilings  on  a  8 x 8  chessboard   
=    12 988 816









   Tilings  on  triangular  lattice
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Perfect  matchings

Tilings  

 and

















Aztec  tilings















bijection 

Aztec  tilings

non-intersecting  paths 
related  to  a  Hankel  determinant



















« bijective computation »  
of  the  Hankel  determinant 

   
of  Schröder  numbers  giving 

the  number of   tilings   of  the  Aztec  diagram























complements:

Schröder  numbers

and

the associahedron























    Tiling  a  rectangle

complements:











 the  arctic  circle  theorem

complements
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bijection

random  tilings  
with  

domino  shufflings



 Elise Janvresse et Thierry de la Rue , 

« Pavages aléatoires par touillage de dominos » —

 Images des Mathématiques, CNRS, 2009.

 http://images.math.cnrs.fr/Pavages-aleatoires-par-touillage.html

random  tilings   
domino  shufflings



 Elise Janvresse et Thierry de la Rue , 

« Pavages aléatoires par touillage de dominos » —

 Images des Mathématiques, CNRS, 2009.

 http://images.math.cnrs.fr/Pavages-aleatoires-par-touillage.html



the 
arctic 
circle 

theorem





 Pfaffian  methodology

  Perfect  matchings





















in  conclusion

a  nice  formula ….







with  a  festival  of  bijections

in  conclusion

a  nice  formula ….
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